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Introduction. Let A be a strictly increasing sequence of positive integers. The set of all the subset sums of A will be denoted by P (A), i.e. P (A) = { i a i : a i ∈ A; i = 0 or 1}. A is said to be subcomplete if P (A) contains an infinite arithmetic progression. A natural question of P. Erdős asked how dense a sequence A which is subcomplete has to be. He conjectured that a n+1 /a n → 1 implies the subcompleteness. But in 1960 J. W. S. Cassels (cf. [1] ) showed that for every ε > 0 there exists a sequence A for which a n+1 − a n = o(a 1/2+ε n ) and A is not subcomplete. In 1962 Erdős [2] proved that if A(n) > Cn
(ε > 0) implies the subcompleteness.
In this note we improve this result. In Section 3 we prove
.} be an infinite sequence of integers. Assume that A(n) > 300
√ n log n for n > n 0 . Then A is subcomplete.
We mention here that 300 √ n log n cannot be replaced by √ 2n; it is easy to construct a sequence A for which A(n) > √ 2n and A is not subcomplete.
the set of integers that can be represented in the form a + b with a ∈ A, b ∈ B. We write 
We need some lemmas. 
By Lemma 1, for every i there exists y
We omit the easy proof (see [6] ).
By Lemma 2 the proof of the Proposition will be complete if we check that the sequence Y * defined in Lemma 1 satisfies the condition y n+1 ≤ n i=1 y i for large n. Assume contrary to the assertion that there are infinitely many n for which
which is impossible if n is large enough. This proves the Proposition.
Arithmetic progressions
In this section we prove To prove Theorem 2 we shall use the following important lemma:
Lemma 3. Let 0 < a 1 < . . . < a k ≤ n be an increasing sequence of integers. Assume that n > 2500 and k > 100 √ n log n. Then there exist
. Lemma 3 is a special case of Theorem 4 in [7] . Now we prove the following 
By the condition lim i→∞
2) completes the proof. We show (2.2) by induction on n. For n = 1, (2.2) is trivial. Assume now that n ≥ 2 and the assertion holds with 1, . . . , n − 1 in place of n.
By the inductive hypothesis there exists
it is enough to show that there exists A(d, h) with
It follows from a result of Frobenius (cf. [3] ) that if (u, w) = 1 and if t ≥ w then every integer in the interval [(u−1)(w−1)+1, H n w] can be represented in the form tu + sw,
Thus by Frobenius' result we get
This completes the proof of the lemma.
Now define the infinite sequence of integers [e

20
] + 1 = n 0 < n 1 < . . . where
] + 1. By Lemma 2 there are arithmetic progressions
Proof of Theorem 2. In view of Lemma 4 taking the arithmetic progressions A (D 1 , H 1 ), A(D 2 , H 2 ) , . . . given above we have to show that for i = 1, 2, . . . ,
Thus for every l there is an arithmetic progression A(D n , H n ) ⊂ P (A) where
Theorem 2 is proved. 
